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t: Hewitt [Rings of real-valued 
ontinuous fun
tions. I., Trans. Amer. Math.So
. 64 (1948), 45{99℄ de�ned the m-topology on C(X), denoted Cm(X), and demon-strated that 
ertain topologi
al properties of X 
ould be 
hara
terized by 
ertain topo-logi
al properties of Cm(X). For example, he showed that X is pseudo
ompa
t if andonly if Cm(X) is a metrizable spa
e; in this 
ase the m-topology is pre
isely the topol-ogy of uniform 
onvergen
e. What is interesting with regards to the m-topology is thatit is possible, with the right kind of spa
e X, for Cm(X) to be highly non-metrizable.E. van Douwen [Nonnormality of spa
es of real fun
tions, Topology Appl. 39 (1991), 3{32℄ de�ned the 
lass of DRS-spa
es and showed that if X was su
h a spa
e, then Cm(X)satis�ed the property that all 
ountable subsets of Cm(X) are 
losed. In J. Gomez-PerezandW.Wm. M
Govern, The m-topology on Cm(X) revisited , Topology Appl. 153, (2006),no. 11, 1838{1848, the authors demonstrated the 
onverse, 
ompleting the 
hara
teriza-tion. In this arti
le we de�ne a �ner topology on C(X) based on positive regular elements.It is the authors' opinion that the new topology is a more well-behaved topology with re-gards to passing from C(X) to C�(X). In the �rst se
tion we 
ompute some 
ommon
ardinal invariants of the pre
eding spa
e Cr(X). In Se
tion 2, we 
hara
terize whenCr(X) satis�es the property that all 
ountable subsets are 
losed. We 
all su
h a spa
efor whi
h this happens a weak DRS-spa
e and demonstrate that X is a weak DRS-spa
e ifand only if �X is a weak DRS-spa
e. This is somewhat surprising as a DRS-spa
e 
annotbe 
ompa
t. In the third se
tion we give an internal 
hara
terization of separable weakDRS-spa
es and use this to show that a metrizable spa
e is a weak DRS-spa
e pre
iselywhen it is nowhere separable.Keywords:DRS-spa
e, Stone-�Ce
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